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Burgers' equation
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Burgers' equation
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Fourier Space Energy spectrum:
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Phases must be the responsible of the singular energy Focusing
(shock Formation).

Question: How many degrees of freedom do we need?

Reduce to learn!



Phases must be the responsible of the singular energy Focusing
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Phases must be the responsible of the singular energy Focusing
(shock Formation).

Question: How many degrees of freedom do we need?
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k [log] D is the system dimension; 0 < D <1




Real space evolution at changing of fractal dimension:
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Fourier space Burgers' equation + Forcing
Triadic Interactions
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Amplitude - Phase representation:
i = ar(t)e'?*") where; ax(t) = lax(t)|,  @r(t) = arg ax(t)

Energy flux towards small scales through k:
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Key degrees of freedom: Triad dynamical phases
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Energy fFlux towards small scales through k:

k o0

= Y S 2k <ak1ak2ak3 Sin(gpgi”@)>

ki=1 ks=k+1

>
k
0.07 —
1T T | D=1.00 &
0.06 - D =0.95 ]
005 r /..";'rE-ff-“‘-ff-ff—ff—’*-‘-r-s:,..;;w 1 Triad Phases Align &
004 “ ., . Synchronize - Efficient
003 [Lh]+1] ; a Transfers
0.02 i .
II(k)
0.01
1 10 100 1000 10000

k [lOglo]



\/
o
R
e o
a0
= 5
— |
= — =
= (@) S
= i ) =
< = < :
S — Zos
B = | Tl
; n 2 2
= F Q| =
S _ -
" A
~~—" & i
4 e e, g
= & et S X DRI o DA
A 5t
21 Lw 1 %.r..r + .ﬂ.tu%wwmu
™
8 H % m
) BT S
\LW <2 07
HkZm

Y
Y




Triad dynamical phase Precession

* Recall Triad dynamical Phase:

O 1o (1) = b1y () + Py (1) — iy (1)

» Define the Precession of a triad's phase:
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Joint PDF, Amplitude - Precession
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Conclusions

We studied the evolution of forced Burgers' equation under mode reduction in
Fourier space.

1) Energy transfer is strongly dependent on the mode reduction protocol.
2) Energy focusing is the result of a global phase correlation in Fourier space.

3) Bad news for modeling people.

4) Potential inspiration to search for similar phenomena in Navier-Stokes
equations.









Modes Reduction, Fractal Fourier decimation:
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Decimated Burgers equation:
1) The space dimension can change continuously
8tv(x, t) + Pp [vng(x’ t)] — 2) The original symmetries of the system are kept

3) It acts as a Galerkin Truncation without the
introduction of any characteristic scale

= v0> v(x,t) + Fp

4) The numerical evolution can be obtained via a psedu-
specral code

Frisch, Pomyalov, Procaccia, and Ray. Turbulence in non-integer dimensions by fractal Fourier decimation. Phys. Rev. Lett. 108, (2012).
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